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A SECOND-ORDER SHOCK-EXPANSION METHOD APPLICABLE TO BODIES OF REVOLUTION
NEAR ZERO LIFT!' ‘

By CLARENCE A. SYVEBTSON and Davip H. Dennis

SUMMARY

A second-order shock-expansion method applicable to bodies
of revolution near zero lift 18 developed. IExpressions defining
the pressures on noninclined bodies are derived by the use of
characteristics theory in combination with properties of the flow
predicted by the generalized shock-expansion method. This
result 18 extended to inclined bodies to obtain expressions for the
normal-force and pitching-moment derivatives at zero angle of
attack. The method 18 intended for application under condi-
tions between the ranges of applicability of the second-order
potential theory and the generalized shock-expansion method—
namely, when the ratio of free-stream Mach number to nose
Sineness ratio 18 in the neighborhood of 1.

For noninclined bodies, the pressure distributions predicted

by the second-order shock-exzpansion method are compared with
existing experimental results and with predictions of other
theories. ' For inclined bodies, the normal-force derivatives and
locations of the center of pressure at zero angle of attack pre-
dicted by the method are compared with experimental results for
Mach numbers from 3.00 to 6.28. Fineness ratio 7, 5, and 3
cones and tangent ogives were tested alone and with cylindrical
afterbodies up to 10 diameters long. In general, the predic-
tions of the present method are found to be in good agreement
with the experimental results.  For noninclined bodies, pressure
distributions predicted with the method are in good agreement
with existing experimental results and with distributions ob-
tained with the method of characteristics. For inclined bodies,
the normal-force derivatives per radian (for mnormal-force
coefficients referenced to body base area) are predicted within
40.2 and the locations of the center of pressure are predicted
within 10.2 body diameters. On the basis of these results, the
second-order shock-expansion method appears applicable for
values of the ratio of free-stream Mach number to nose fineness
ratio from 0.4 to 2.

INTRODUCTION

The flow about bodies traveling at high supersonic speeds
was investigated by Eggers and Savin (ref. 1). They found
that under specified conditions such flows could be consid-
ered as locally two-dimensional and could be treated by a
gencralized shock-expansion method. This method has
been applied to nonlifting and lifting bodies of revolution in

t Bupersedes NACA TN 3527 by Olarence A. Syvertson and David H. Dennis, 1956.

references 1 through 4. It was found that the generalized
shock-expansion method accurately predicted the flow about
pointed bodies of revolution when the hypersonic similarity
parameter (ratio of Mach number to body fineness ratio)
was greater than about 1. This method is, therefore, par-
ticularly useful in the treatment of flows about bodies travel-
ing at relatively large Mach numbers. At lower speeds, the
second-order potential theory of Van Dyke (ref. 5) has been
widely used. (See, also, his hybrid theory for slightly in-
clined bodies, ref. 6.) The application of this theory to
bodies traveling at large Mach numbers is often limited,
however, by the restriction that the maximum slope of the
body must be somewhat less than the slope of a free-stream
Mach line.

The ranges of applicability of the generalized shock-
expansion method and the second-order potential theory do
not always overlap, and there remain, therefore, flows at
certain combinations of Mach number and body shape which
cannot be treated by either theory. Normally, these in- -
termediate flows are encountered when the hypersonic
gimilarity parameter based on nose fineness ratio is in the
neighborhood of 1. Since this is a range of practical inter-
est, additional theoretical methods are needed. Some of
this need has been fulfilled by the hypersonic small-dis-
turbance theory (refs. 7 and 8). In its present state of
development, however, this theory has application only to
limited classes- of noninclined bodies of revolution. For
example, due to the series form used to represent the pressure
distribution, it cannot be applied to the nose-cylinder
combinations commonly employed for missile bodies. In
large part, then, the need for a theory applicable at values of
the hypersonic similarity parameter near 1 still remains.

The present report develops a theory intended to fulfill
this need. It is developed by an iteration procedure which
employs the generalized method of references 1 through 4 as
the first approximation. This theory is therefore called a
second-order shock-expansion method. Expressions are
derived which define the pressures on noninclined bodies of
revolution. KExpressions are also obtained for the normal-
force and pitching-moment derivatives at zero angle of
attack. Predictions of the method are compared with those
of other theories and with experimental results.
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SYMBOLS
A body cross-sectional area
Ap body base area
B function defined by equation (B15)
,C characteristic coordinates
Cy normal-foree coefficient, —norl;ail‘iforce _
M w4<LB
C pitching-moment moment about body vertex
coefficient, q.Axd
c, pressure coefficient, 74 ;p =
d body diameter
E entropy
f fineness ratio (Fineness ratio of tlie nose section
18 f».)
l body length
M Mach number
P static pressure
e total pressure
q dynamic pressure
8,n rectangular coordinates (streamline direction and
normal to streamline direction, respectively)
2,0 cylindrical coordinates (2 measured from vertex
of body and ¢ from windward meridian)
z center-of-pressure position (measured from body
vertex)
a angle of attack, radians
B function defined by equation (12)
Y ratio of specific heats (1.400 for air)
5 flow deflection angle
] function defined by equation (9)
A loading (defined by eq. (14))
A function defined by equation (B16)
m Mach angle (arc sine 1/M)
v Prandtl-Meyer expansion angle
I shock-wave angle
¥ function defined by equation (13) i
Q ratio of cross-sectional area of streamtube to that
at M=1 (see eq. (B17))
SUBSCRIPTS
© free-stream. conditions .
L2.3,4, conditions evaluated at various points in flow field
a afterbody
¢ quantities evaluated for cone tangent to the body
s quantities evaluated by generalized shock-ex-
pansion method
v quantities evaluated at vertex of body
g quantities evaluated along downstream face of
shock wave
teo quantities evaluated for cones tangent to body
vertex _
tox quantities evaluated for cones tangent to body
at station z
THEORY

In the present development of & second-order shock-
expansion method, attention will be restricted to bodies of
revolution. It is recognized, however, that the procedure
used herein may, in the future, find application to other three-
dimensional shapes.
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The present method is & refinement of the generalized
shock-expansion method of references 1 through 4. On the
surface of a body of revolution, immediately behind a corner,
the generalized method represents a first-order solution for
the flow and the present method gives the second-order
solution (see Appendix A). Before proceeding, therefore, it
is well to orient the present analysis with a review of the
approximations involved in the treatment of the flow about
bodies of revolution with the generalized method. These
approximations may be listed as follows (see, e. g., ref. 4):
(1) Disturbances incident on an oblique shock wave are
largely absorbed therein, and hence, reflected disturbances
are negligible; (2) the flow appears locally two-dimensional;
(3) surface streamlines may be taken as meridian lines. In
the intermediate range of supersonic speeds of interest here,
the first approximation is particularly well justified (see, ref.
9), and it will not be considered further. As a consequence
of the second approximation, a solution given by the general-
ized method satisfies the continuity equation only approxi-
mately.? Although the continuity equation does not appear
explicitly in the following analysis, it is this approximation
that is refined by the present method. The third approxi-
mation applies only to inclined bodies of revolution, since
for noninclined bodies, meridian lines are, of course, the exact
streamlines. In the present investigation, attention will be
restricted to bodies near zero lift. Under this restriction to
infinitesimal angles of attack, an analysis has shown that the
deviation of true streamlines from meridian lines has negli-
gible effect on surface pressures. In the following develop-
ment, therefore, the use of meridian lines as streamlines will
be retained.

NONLIFTING BODIES

The generalized shock-expansion method was developed
for nonlifting bodies of revolution from the method of char-
acteristics (ref. 2). This development may be summarized
with the aid of the equation for the streamwise pressure
gradient (see, e. g., refs. 2 and 9). '

op 2vyp 06 1 op )
08 8in2p ds cos uOCh

In the generalized method the pressure is considered constant
along first-family Mach lines (refs. 1 and 4). As a conse-
quence, the right-hand member of equation (1) is approxi-
mated by zero, and the equation can be integrated to yield
the well-known Prandtl-Meyer relation. The objective of
the present analysis is to refine this approximation to the
right-hand member of equation (1). To this end, consider
the flow about a body of revolution which has a pointed nose
and over which the flow is everywhere supersonic. The
problem will be simplified by approximating the profile of
the body with a series of tangents to the original contour
(see fig. 1). It might be noted that Ferrari (vef. 10) sug-
gested a similar scheme with a body whose profile was made
up of chord lines joining points on the original contour.
While either approximation is permissible, the tangent body
was selected here so that the conical flow at the vertex will

2Tn the treatment of two-dimensional flows, the first approximation is used but continuity
is exnctly satisfled.
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Figure 1.—Approximation of body shape by a tangent body.

be correct regardless of the degree of approximation used
downstream of the vertex.

The generalized method gives the exact change in surface
pressure around the corners of the tangent body but predicts
no change along the straight-line elements. The present
problem reduces to the determination of the pressure varia-
tion along the conical frustums.

Since along these surfaces 95/0s=0, equation (1) has the form

o 1 o
3505 5 30, @

The problem now is to find an approximation to the right-
hand member of this equation. One approximation is a
power series in s. Such an approximation would yield, of
course, the surface pressure as a function of s, and thus, the
power series could be written equally well in terms of pres-
sure, p. For reasons which will become apparent later in
the analysis, a combination of the two series will prove
advantageous. Thus, the pressure gradient will be written

=(Po+p) (So+S18+8:8*4. . )

where P, and S, are constants for a particular frustum
element. This equation is readily integrated to yield an
exponential variation in pressure

P=_P0+08(803+81£;—l-81-3;—l- .. ) (3)

where C is the constant of integration. Conditions must
now be sought to evaluate the constants in this equation.
For this purpose, the flow over a single conical-frustum
element, such as shown in figure 2, will be considered. The

Figure 2.—Flow about a frustum element.

8 It might be noted that Ehret, Rossow, and Stevens (ref. 11) found that pressures on ogives
correlated acecording to the hypersonio similarity law could be represented approximately by
an exponential function of distance.
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subscript 1 will be employed to designate conditions imme-
diately upstream of the corner preceding the frustum; the
subscript 2, conditions immediately downstream of the
corner; the subscript 3, conditions at the downstream end of
the frustum. The first boundary condition to be applied is
relatively obvious, and it is

=p; ab 8=8;
Thus equation (3) becomes

' [ (a—s:):
p=—Pot (gt Pyl ST L]

It is also apparent that, if the conical element shown in
figure 2 were extended indefinitely downstream rather than
ending at point 3 (see dashed line in fig. 2), then the pressure
on this extended surface would approach some limiting value.
If the element were considered to be infinitely long, then the
only effect the flow upstream of point 2 will have on the flow
at infinity is to produce an infinitesimally thin layer on the
surface across which the entropy varies. It is readily
demonstrated, however, that there is no change in pressure
across this layer and that the flow outside the layer is conical.
Thus, a second boundary condition is

P—>p, 28 8>

where p, is the pressure on a cone tangent to the original

body at the same point as the frustum element. This
condition gives the result

Po=—p. ()
provided, of course, the constants, S,, are negative. These

constants, S,, are now all that remain to be determined and
they may be evaluated in terms of the various derivatives of
pressure evaluated at point 2. Thus,

( h
Sp=

._p2

_<_a_j> S¢ > (6)

S2 [( +‘5'03+3SOSI}

at 8=s; and so forth for additional terms.

At this point, it is well to comment on the choice of the
series used to approximate the pressure gradient. For
example, had the series been written entirely in termsof s,
then a simple Taylor series for the pressure would have
resulted. While the present approximation can be reduced
to a Taylor series for small (s—s,),it has added features which
are desirable. In particular, it is apparent that, within the
framework of the approximation involved in the use of
conical frustums rather than a curved body, the boundary
conditions in pressure at both s=s, and s— « have been met
exactly. It is primarily because of the particular choice of

J
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series which led to the exponential form that it was possible
to employ the boundary condition at 8— «. The meeting of
this condition is relatively important from a practical view-
point since it serves to limit the possible error involved in
the use of a series approximation. For example, had a
Taylor series been used and all boundary conditions applied
at s=s;, then the error for a given approximation could
increase indefinitely with distance from the corner. With
the approximation chosen, however, the error must be
limited since at large s, the solution again becomes exact.
This added accuracy is not obtained without incurring
certain restrictions, however; since, as previously noted, the
coefficients S, must be negative.
satisfied for the present results to be applicable.

In the following analysis, only the first term, S,, in the
series will be retained, and thus only the first derivative of
the pressure at point 2 will be required (see eq. (6)). As
found in Appendix B, an expression defining this gradient is

(bp) —B—? g 80 &—sin & +§j 3; (?Jf)l -

where
B 2(%‘{21)
and @ is the one-dimensional area ratio or
1+( 1) M s
‘Y+1

With the application of these results, the pressure along the
conical frustum is given by i

— (pe—ps)e” €)]

where

_(op T—23

"_<35>a (Pc—ps) cos & ©)
It is apparent that, in order to apply equation (8), the
pressure (and Mach number) on the surface of noninclined
cones must be known. These quantities may be determined
from the results of reference 2 or reference 12. For con-
venience, the surves shown in figure 3 have been plotted
from the results of reference 12.

By application of equation (8) on successive elements,
the pressure distribution on the tangent body can be de-
termined. In particular, the pressure at each of the points
of tangency may be calculated and applied to the original
body. The procedure is as follows: First, the elements
of the tangent body are selected and the coordinates (z,r) of
each corner determined. The first element is tangent to
the body at the vertex, and the flow over this element is
thus conical. For the first corner, then, the pressure, p,,
and the Mach number, M, (see fig. 2), are the same as at
the vertex of the original body. The pressure, p;, and the
Mach number, M,;, may then be determined with the
Prandtl-Meyer equations. The pressure gradient, (dp/0s),,

This condition must be °
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mey be determined from equation (7) since, for the first
corner, (0p/0s), is zero. The tangent-cone pressure, p,, may
be obtained from reference 12 or figure 3. With the various
factors in equation (8) thus evaluated, the pressure at the
tangent point and at point 3 (see fig. 2) can be calculated.
In like manner, the pressure gradient at point 3 can be
determined by differentiation of equation (8), or

CIR(=3l6)) 10

With the pressure and pressure gradient at point 3 known
(the Mach number may also be calculated from the pressure
in the usual manner), the factors in equation (8) may be
determined for the next element. This process is, of course,
repeated for each element of the tangent body.

The procedure just described is not difficult to apply;
however, further simplification can be obtained by the use
of a “two-step” tangent body. This body consists of a
cone tangent to the original body at the vertex and & conical
surface tangent to the body at the station where the pressure

_is to be calculated. With this two-step body, the second

surface is a variable depending on the station in question on
the original body. For this approximation, equation (8)

becomes
=P (po_.'pc)e-ﬁ+ (1 1)
where
z 8in §,—r cos &, .
b 7 €08 §—x 8N & (12)
B, Q, sin 8)
= (@sins, (13)

The subscript, s, denotes quantities at the station on the
body as evaluated by the generalized shock-expansion
method. With equation (11) it is possible to obtain, very
rapidly, a first approximation to the pressure distribution,

The second-order shock-expansion method has been de-
veloped to predict the pressures on a noninclined body of
revolution. In the following section this method will be
extended to lifting bodies.

LIFTING BODIES

For inclined bodies of revolution, a second-order shock-
expansion method would involve not only a revised expression
for the pressures, but, in addition, a revised approximation
to the shape of the surface streamlines. It is recalled from
the results of Eggers and Savin (ref. 1) that, according to the
generalized method, surface streamlines may be approxi-
mated by geodesics. For bodies of revolution, the pertinent
geodesics are simply meridian lines (refs. 1 and 3). While
this result is exact for noninclined bodies of revolution, it is
only an approximation in the case of inclined bodies. A
refined approximation corresponding to a second-order
method undoubtedly could be obtained by graphical integra-
tion of the momentum equations employing the pressure
distribution given by the generalized method. However,
it seems at present that this procedure would involve
extensive calculations. If attention is restricted to bodies
near a=0, it can be demonstrated that the deviation of the
true streamlines from the meridian lines will not influence
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Fraure 3.—Curves defining Mach number and pressure on the surface of noninclined cones (ref. 12).

surface pressures. The approximation of meridian lines as
streamlines can, in effect, be retained and relatively simple
expressions can be obtained, therefore, for the initial slopes
of the normal-force and pitching-moment curves. To this
end, the expression for the normal—force derivative can be
written

do,, 21rf A 18

where the subscript, «=0, has been omitted for simplicity of
notation and where A is the nondimensional loading on a thin
disk normal to the body-axis and having “unit radius. This
loading A is given by the equation

A= TA@[Pe) o5 o (15)

YM,, %rJ

The problem then is to evaluate d(p/p_)/de. The develop-
ment given previously which led to equation (3) also applies
to bodies at infinitesimal angles of attack. Equation (8)
also applies; however, the variables in this equation must be

considered as dependent on angle of attack. By differentia-
tion of equation (8), there is obtained

d(p/po) —(1—e9) d(pclpm) tem d(pz/pm) - (p— Px)e_,,__

(16)

This equation must satisfy the condition d(z;/f ) d(Z:izlaP =)
at =0 (L. e., 3=122). By the application of this condition to
equation (16), the last term (involving dy/de) is eliminated.
The term, d(p./p.)/de may be evaluated with the aid of the
Prandtl-Meyer equation

d(Pofpe) _ N[ d(pfpa) P 1 d(zho] y Pl d(P:o an
da kl da Do p‘l Ps ptg

Ferri (ref. 13) has shown that the entropy (and hence the

total pressure, p,) on the surface of an inclined cone is con-

stant (independent of ¢). When equations (15), (16), and

(17) are combined, then, the integrals of the terms involving

dp,/de and dp,/da will be zero (since fr

cos ¢ dp=0).

o
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Equation (15) may therefore be written
2 C, . @
A=7T_Im%_£'[(1‘e_')d(2:ig )+ N 22 dpilp ):I cos ¢ de (18)

The only terms in equation (18) that are functions of @ are
d(pefp.)/deand d(pyfp.)/de. These two terms may be evalu-
ated in terms of the normal-force derivative of the tangent

cone, % s and in terms of A;. After performance of the
tex °

necessary manipulations, there is obtained

dCy e 19)
1

A=(1—e)(tan 6)
It is apparent from equation (19) that dCy/da for cones must
be known before the loading, A, can be evaluated. Fortu-
nately, results for cones are available from reference 14 and
have been plotted for convenience in figure 4. The loading,
A, may thus be calculated in the same manner as the zero-
lift pressures. In this case, A; for the first corner is simply

(tan &,) Q@z‘ .
teo
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Ficure 4.—Normal-force derivative (%% at a=0) for cones (ref. 14).
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As before, a first approximation to A can be obtained with
the two-step body This approximation gives

A=(1—e#¥) (tan a)do”

3 e ) o

In Appendix C, it is shown that equation (20) leads to very
simple results for certain common body shapes. ‘

With the loading, A, known, the normal-force derivative
may be evaluated by integration of equation (14). In like
manner, the pitching-moment derivative can be determined
from the equation

dCw _ —2m

ApdJ,

where the contribution to the pitching moment of the varia-
tion in local axial forces with angle of attack has been neg-
lected since it is small for slender bodies (see ref. 15).

A second-order shock-expansion method for bodies of
revolution has been developed to predict the pressure dis-
tribution and the normal-force and pitching-moment deri-
vatives at «=0. The results are relatively simple in form
and msay be applied to a given body with only a moderate
amount of computations required. Simplified expressions
based on an additional approximation have also been pre-
sented which further reduce the amount of work required.
It should be noted, however, that open-nosed bodies and
pointed bodies which produce shock waves other than the
one at the vertex require special forms of the method. The
necessary equations for these cases are contained in Appendix
B. In addition, there are several restrictions on the present
method which should be mentioned. First, it is apparent
that if the exponential variation of the pressures is to be
valid, then the pressure gradient just downstream of the
corner must have the same sign as the pressure difference
pp:- This condition, which derives from the previously
noted restriction that the constants, Sy, in equation (4) be
negative, i5 given by #2>0 in the general case and by ¢ >0
for the simplified method. There is an additional restriction
on the simplified method, and that is that the two-step
bodies must be real bodies (i. e., the intersection of the two
tangent lines must not occur at negative values of  or 7).
This condition is given by =0. When =0 or g¢=0,
all equations reduce to those given by the generalized
shock-axpa.nmon method. '

It remains, of course, to determine the accuracy of the
second-order shock—expansmn method and to define its range
of applicability. There are sufficient data available, both
from experiment and from characteristic solutions, with
which the predictions of the method for zero-lift pressure
distributions can be compared. However for the case of
lifting bodies, sufficient data are not available, and for this
reason, the experiments next discussed were conducted.

EXPERIMENT

An experimental program was conducted to determine the

initial slopes of the normal-force curves and the centers of

pressure for & series of nose-cylinder combinations. The
tests were designed, of course, to permit a check on the

I
Arz dx 21
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accuracy of the predictions of the second-order shock-
expansion method just developed. It is recalled that the
method is intended for application at values of the hyper-
sonic similarity parameter, M_/f, in the neighborhood of 1.
The tests cover a range of M _/f, from 0.43 to 2.09.

APPARATUS AND TESTS

The tests were conducted in the Ames 10- by 14-inch

supersonic wind tunnel at Mach numbers of 3.00, 4.24, 5.05,
and 6.28. For a detailed description of this wind tunnel
and its aerodynamic characteristics, see reference 16. Nor-
mal forces and pitching moments for the test models were
measured with a strain-gage balance. The balance consisted
of a model support sting on which the moments were meas-
ured at four points. From these four measurements, the
normal forces and centers of pressure were determined and
checked. Measurements were made at nine angles of attack
from —2° to +4° at each test Mach number. At each
angle of attack, the values of Z/d and Cy/a were calculated.
These values were plotted as a function of angle of attack,
and the intercepts at a=0 of the resulting curves gave the
values of dCy/da and Z/d at a=0.

Wind-tunnel calibration data (see ref. 16) were employed
in combination with stagnation-pressure measurements to
obtain the stream dynamic pressures. Reynolds numbers
based on the maximum diameter of the models were

Mach number | Reynolds number
million

3.00 0.78
4.24 .72
5.06 36
6.28 15
MODELS

Cones and circular-arc tangent ogives of fineness ratios
7, 5, and 3 were tested alone and with cylindrical afterbodies
having lengths of 2, 4, 6, and 10 diameters. The models
were made of polished steel and each had a base diameter of
1 inch,

ACCURACY OF TEST RESULTS

Stream Mach numbers in the region of the test bodies did
not vary more than 40.03 from the mean values at Mach
numbers up to 5.05. A maximum variation of +0.05
existed at the highest test Mach number of 6.28.

The accuracy of the test results is influenced by uncertain-
ties in the measurement of moments and in the determination
of the stream dynamic pressure and angle of attack. These
uncertainties resulted in estimated maximum errors in the
normal-force derivatives and centers of pressure as shown
in the following table:

Ma:r dCH/da I/d
3.00 =+0.15 =£0.10
44 +.156 =10
6.056 +.20 =+.15
6.28 =+.26 = 20

It should be noted that, for the most part, the experimental
results presented herein are in error by less than these esti-
mates,
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RESULTS AND DISCUSSION
NONLIFTING BODIES

The second-order shock-expansion method has been devel-
oped primarily to treat flows characterized by values of M [f,
near unity. Accordingly, the method has been employed to
obtain the zero-lift pressure distributions at M, /[f,=1 for
several different body shapes. In this and all subsequent.
epplications of the present method to curved bodies, the
tangent bodies employed were formed by elements tangent
to the original bodies at stations z/l,=0, 0.1, 0.2, . . ., 1.0.
"The tangent-body approximation is required only if the body
profile is curved since for cone-cylinders, and for the cylin-
drical section of any nose-cylinder combination, the present
method yields results in closed form.

The results of these calculations are shown in figure 5 along
with distributions obtained with the generalized shock-

20
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5
(a)
0
a4
o ——— Second - order
A M\ shock - expansion method
23T TT1T 1 ----- Generalized
2 shock-expansion method
2 —-—Method of characteristics
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52
173
] .
i B ~-Method of characteristics, also
Tl
I —
(b) 7
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3
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C) Methoij of chTracteriIsﬁm, olTo-"
072 a4 8 B8 10 iz 14 16 18 20
Station, X/,
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f-=‘3
(b) Sears-Haack body, M, =3.00,
Fa=3
(¢) Ogive-cylinder, M ,=3.00,
fn=3

Fioure 5.—Surface-pressure distributions for various bodies at
My [fa=1 and «=0.
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expansion method (ref. 2). Distributions obtained with the
method of characteristics (refs. 11, 17, and 18), which are
considered to be exact, are also shown. If is apparent in
figure 5 that the present method provides an improvement
over the generalized method. The differences in the distri-
butions obtained with the present method and those obtained
with the method of characteristics are almost indiscernible.

In figure 5 (c), comparison is also made with the predic-
tions of the hypersonic small-disturbance theory (ref. 8).
The curve shown was calculated by three terms of & power
series representation of the pressure distribution. As noted
in reference 8, additional terms will be required before this
method will accurately predict the pressures on an ogive.
The small-disturbance theory does have a certain advantage
in simplicity for, if the coefficients of the series expansion
are known, the pressure distribution can be calculated very
easily. This advantage is partially offset by the restriction
that the series method requires the body profile to have con-
tinuous derivatives up to the same order as the number of
terms used in the series. With this restriction, the theory
cannot be applied beyond the nose-cylinder juncture of the
body (fig. 5 (¢)).

To investigate the accuracy of the present method at
values of M, /f, other than 1, the comparisons shown in

——— Second-order

o Expenment (ref 3)
shock-expansion method
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figure 6 have been made. Here, the predictions of the pres-

ent method and those of the generalized method are com-
pared with experimental results for fineness ratio 3 and 6

. tangent ogives at Mach numbers of 3.00, 4.24, and 5.05.

The values of M,/f, range from 0.60 to 1.68. The experi-
mental results were taken from reference 3. For all cases
shown,.the predictions of the present method are within the
accuracy of the experimental data. It is also apparent that
the predictions of the present method tend to approach
those of the generalized method as M. [f, becomes appreci-
ably greater than 1. At M. [f,=1.68, for example, the pre-
dictions of the two méthods differ only slightly.

In figure 6, comparison is also made with the second-order
potential theory (ref. 5) for conditions where this theory is
applicable (i. e, M./fx=0.60 and 0.85). It is somewhat
surprising that the present method is as accurate as the
second-order potential theory even at the relatively low
value of Mc/fn of 0.60.

The results presented in figures 5 and 6 indicate that the
present method fulfills its intended purpose by providing an
estimate of the pressures on noninclined bodies of revolution
for values of M, /f, near 1. At values of M_/f, as low as
0.60 the present method provides results comparable in
accuracy with those obtained with the second-order potential

—— Second-order potential
theory .

— — ~— = Generalized -
shock-expangion method
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Figure 6.—Surface-pressure distributions for noninclined tangent ogives.
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theory. At values of M./f, approaching 2, the predictions
of the present method and those of the generalized shock-
expansion method differ only slightly. It remains now to
investigate the applications of the method to inclined bodies.

LIFTING BODIES

The experimental results obtained in the present tests are
given in tables I and II. Predictions of various theories
are also tabulated. These include the predictions of the
present method (with various approximations), the general-
ized shoek-expansion method (ref. 3), first-order potential
theory (refs. 6 and 19), Van Dyke’s hybrid potential theory
(ref. 6), and Newtonian impact theory (see, e. g., ref. 20).
Solutions with the second-order potential theory employed
in the application of the hybrid theory were obtained with
the aid of reference 21. (Additional results obtained with
the first-order and hybrid potential theories and with
Newtonian impact theory may be found in reference 22.)
With the exception of the two potential theories, all theories
have been applied throughout the entire range of test
variables. The potential theories cannot be employed, of
course, if the free-stream Mach angle is less than the body
semivertex angle.

Normal-force derivative.—The experimentally determined
normal-force derivatives and the predictions of the various
theories for the bodies tested are shown in figures 7 (a)
through 7 (f). Curves for the first-order potential theory
are not shown in figure 7 since, in all except a few cases, the
predictions of this theory did not differ significantly from
those of the hybrid potential theory (see tables I and IT). In
genoral, the present method predicts the normal-force
derivatives at zero angle of attack essentially within the
accuracy of the data (within about 40.2 per radian) through-
out the entire range of test variables. In addition, the
present method appears to provide the most consistently
accurate results of all the theories presented in figure 7.
The accuracy of the method at low values of M./f, can be
explained partially by examination of the predictions of
the method for the limiting case of very slender bodies. In
this limit, it can be shown from equations (7) and (9) that
the term, 5, approaches infinity. From equation (19), then,
the loading, A, may be written

A=2 tan §=2 % (22)

since %Lz=2 (see fig. 4).” With the substitution of this

equation in equation (14), there is obtained

dC” 2m f (2 dz) d:c—- da: (23)

This result is, of course, the well-known prediction of slender-
body theory, which is known to be accurate for slender bodies
at low supersonic speeds. Thus, the accuracy of the present
method at low values of M../f, can be attributed, in part,
to the fact that it reduces to slender-body theory in the
limit,
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From the results given in figure 7, several observations
can be made concerning the accuracy of other theories. For
example, it might be expected that the potential theories
would be more accurate than the other theories when the
parameter /M.>—1 tan 8, is appreciably less than 1. For
the f,=7 cone at M.=3 (fig. 7 (2)), however, this parameter
is only 0.20, and yet, for the longer afterbodies, the hybrid
potential theory is appreciably more in error than the present
method. As found in references 2 through 4, the generalized
shock-expansion method gives accurate results when M. /f is
greater than about 1. Caution should be expressed here,
however, for the significant parameter is truly M./f and not
Mo/[f.. The results shown in figure 7 indicate that although
Mo[f, may be appreciably greater than 1, for cases where
the afterbody is sufficiently long to reduce Ma/f below 1,
the predictions of the generalized method may depart
appreciably from the experimental results. In general,
impact theory gives acceptable results only for nose sections
without afterbodies.

Center of pressure.—The experimentally determined
centers of pressure and predictions of the various theories
for the bodies tested are presented in figure 8. The present
method predicts the location of the centers of pressure essen-
tially within the accuracy of the data (within about +0.2
body diameters) throughout the entire range of test variables.
In addition, the present method again provides the most
consistently accurate results of all the theories presented.
In general, all observations made previously regarding the
reliability with which the various theories predict the normal-
force derivatives can also be made in the case of the centers
of pressure.

Renges of applicability—Several parameters are useful
for defining the ranges of applicability of the various theories.
The ranges of these parameters covered by the present tests

- gre shown in the following table:

Parameter Range
Mo 3.00 to 6.28
7 3to17
I 3to7
Je 0tol0
Molf 0.18 to 2.09
Mo fa 0.43 to 2.08
A1 tan 3, 0.20 to 2.12

The second-order shock-expansion method was found to
be applicable throughout the ranges of variables shown in
the table. Both dCy/da and Z/d were predicted within
+0.2. The present tests did not reveal the limits of appli-
cability of the method. 1t was indicated, however, that
the method may apply to relatively low values of M, /f,
(or M _2—1 tan §,), since, in the limit of very slender bodies,
the method reduces to the well-known slender-body theory.
The upper limit of the method is dictated by the condition
specified in the development—namely, n>0 (see eq. (8)).
Calculations have revealed that this condition will be
violated if VA _2—1 tan §, is appreciably greater than 2.5.
1t should also be noted that the application of the present
method to boattailed bodies presents a special problem
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since neither p. nor 4y

det |rex
(8) and (20)). In practice, however, it has been found by

comparison with results given in reference 23 that the use of

is defined in this case (see egs.

=2 gives reasonable results for bodies

ter
having moderate amounts of boattail.

The present tests also reaffirmed the conclusion given in
references 1 through 4, that the generalized shock-expansion
method is applicable when A/_/f is greater than about 1.
At values of A _/f appreciably greater than 1, no significant
differences between the predictions of the generalized and
second-order methods were found. The ranges of applica-
bility of these two methods overlap and thus include most
flows about pointed bodies of revolution throughout the
intermediate- and high-supersonic speed ranges. )

Application of the potential theories is, of course, limited
by the condition that «/Af_2—1 tan 8§, must be less than 1.
Even at the lowest values of /M _2—1 tan §, covered by the
present tests, however, neither the first-order nor the hybrid
potential theory was found to provide consistently accurate
predictions of dCyfde or Z/d. The calculations performed
also revealed no significant differences in the predictions of
the two theories at values of 4/AM_®*—1 tan 4, less than
about 0.7.

REPORT 1328—NATIONAL ADVISORY COMMITTEE FOR ABRRONAUTICS

APPROXIMATIONS OF THE PRESENT METHOD

As noted in the development of the present method, o
simplified solution for bodies with curved profiles can be
obtained by the use of a two-step tangent body. This
approximation has been applied to the ogive-cylinders of the
present tests. By the use of additional approximations to
the loading, A, the simplified solutions for dCy/de and Z/d
can be obtained in closed form as discussed in Appendix C.
Examples of the accuracy of the approximate solutions are
shown in figure 9. While the approximate methods do not

- yield results so consistently accurate as those obtained with

a more complete solution, the approximate methods may still
be useful to obtain rapid estimates of dCy/da and z/d. In
this connection, these quantities can be estimated for ogive-
cylinders in a few minutes with the aid of the results given in
Appendix,C. ,
CONCLUSIONS

A second-order shock-expansion method applicable {o
bodies of revolution near zero lift has been developed. I'or
noninclined bodies, the pressure distributions obtained with
the method were compared with existing experimental
results and with the predictions of other theories. For
inclined bodies, the normal-force derivatives and centers of
pressure at zero angle of attack determined with the method
were compared with the predictions of other methods and

Second-order shock—expansion method:

o Experiment ——— Ten-step solution ~—— —  Two-step approximation — — — Approximate closed solution
of Appendix C.
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Figure 9.—Accuracy of approximate solutions for ogive-cylinders (a=0).
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with experimental results. Cone- and ogive-cylinders with
fineness ratios from 3 to 17 were tested at Mach numbers
from 3.00 to 6.28, corresponding to & range of values of the
hypersonic similarity parameter based on nose fineness ratio
(i. e., the ratio of free-stream Mach number to nose fineness
ratio) from 0.43 to 2.09. These comparisons led to the fol-
lowing conclusions:

1. For noninclined bodies, the present method predlcts the
pressure distributions within the accuracy of experimental
results. At values of the hypersonic similarity parameter
based on nose fineness ratio as low as 0.6, the present method
is as accurate as the second-order potential theory. At
values of the parameter approaching 2, the predictions of
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the present method differ only slightly from those of the
generalized shock-expansion method.

2. For inclined bodies, the normal-force derivatives and
the locations of the center of pressure at zero angle of attack
predicted with-the present method are in good agreement
with the experimental results throughout the entire range of
test variables. Within this range, the present method
yields results more consistently accurate than those of
other available theories.

AMES ABRONATUTICAL LABORATORY
NaTional Apvisory COMMITTEE FOR AERONATUTICS
Morrrrr Frewo, Cavrr., Oct. 12, 1966

APPENDIX A

POWER SERIES REPRESENTATION OF FLOW ABOUT BODY OF REVOLUTION

The accuracy of the present method has been demon-
strated by comparisons made over a wide range of flow
parameters. It is also informative, however, to examine
briefly the mathematical accuracy of the method. For this
purpose, the model shown in figure 10 is useful. From the
vertex to point 1, the body is conical. Between points 1 and
2, the surface is deflected by a small angle, e. At any point
downstream of point 1, the physical deviation of the body
from a conical surface may be given in terms of the angle, ¢,
and the distance, As, measured from point 1. Similarly,
flow parameters at any point downstream of point 1 may be
expressed in terms of ¢ and As. Before developing such an
expression, it should be noted that for this model (and within
the restriction that the flow is everywhere supersonic), the
present method provides an exact solution for the surface
flow in several limits. For example, the present method is
exact for all values of As when e=0. For As=0 and As—> =,
the method is exact for all values of e. For arbitrary values
of As and ¢, of course, the present method is not exact.
However, the general accuracy of the method can be demon-
strated by expressing flow parameters in the form of a
Taylor series in the two independent variables, ¢ and As.
The dependent variable used to define the flow may be any
one of several parameters. Pressure and velocity are among
those most commonly used. In the present analysis, how-
ever, the Prandtl-Meyer angle, », is considered the dependent
variable. It should be recognized that the value of the
Prandtl-Meyer angle at a point will define the Mach number,

-
- —€

///
-
i, 2 "\
Lo

Ficrre 10.—Model for order analysis.

|

pressure, velocity, and other such parameters. We have
then the series

v=v1+(2> (As) —|—<Q> e+
- ) @or+2( o). @@+ @ [+
(@073 (5557 (4929 +3 (552 (49 ()+

(a_a: l(e")]-l— ..

Each of the derivatives is evaluated at As=e=0. When
e=0, it is apparent that the flow parameters are constant
along the surface and independent of s. Therefore, all
derivatives with respect to g alone are zero. When As=0,
it is also apparent that (0»/d8);=—1 and that all higher
derivatives with respect to § alone are zero. We have then
the problem of evaluating the cross derivatives. The
second-order cross derivative, (3%/ds 05), may be evaluated
with the aid of equation (B14), from which (0v/0s), may be
determined; namely,

v —1/3p
5)2 N (5 A 2r1'\/ﬂfa—1<928m b—sin ”3> (42)

It is also apparent that

o8 DB) b&(

Hence, by virtue of equation (A2),

— 20 (T tan ) —1]

(A1)

(A3)

in the limit as 5;—4,.

(as %), 2rMi—1 (Ad)

As noted in Appendix B, equation (B14) is not an exact
solution for the pressure gradient since a term,

o ) e (38)%
2co8 pg Js Aeos u\0C,/ b

was neglected in the derivation (see eq. (B11)).

In the



1140

present analysis, both 9p/dC; and the interval of integration,
(s5—84)/b (seefig. 11), are of order ¢; hence, the neglected term
is of order ¢. Equation (A2) is accurate to the first order
in ¢, therefore, and equation (A4) is exact. With the sub-
stitution of equation (A4) in equation (Al), and with the
application of the other results previously noted, there is
obtained

p=y1—e-2£,'—}li£,—‘_—l [(1/_—_M1’—1 tan 51)—1] (48) (9+
014829, (A8) (&7

The generalized shock-expansion method of references 1
through 4 gives the result that »=»—e The generalized
method gives the Prandtl-Meyer angle mathematically
accurate to the first order of the independent variables ¢ and
As and, therefore, immediately downstream of the corner,
gives a first-order solution for the surface flow. The present
method adds the coefficient of the term involving (As) (¢) in
equation (A5) and, hence, gives the Prandtl-Meyer angle

(A5)
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mathematically accurate to the second order of the independ-
ent variables ¢ and As. In general, therefore, immediately
downstream of the corner the present method gives a second-
order solution for the surface flow, and therefore, it has been
termed the second-order shock-expansion method.

The foregoing analysis considered only expanding flows
about the corner. If ¢ is positive, then the shock wave
emanating from the corner must be considered. The result
obtained is essentially the same, however. For positive ¢ a
term of 0(¢®) must be added to equation (A5) to account for
the difference between the Rankine-Hugoniot equations and
the Prandtl-Meyer equations. Alternately, the term, —e,
in equation (A5) can be replaced with the change in Prandtl-
Meyer angle between points 1 and 2 as given by the Rankine-
Hugoniot equations. The second-order term in either case
is identical, however, as equation (A4) may also be obtained
by differentiating equation (B21). (It may also be obtained
by differentiation of the exact pressure-gradient equation,

eq. (B18).)

N

APPENDIX B
EVALUATION OF PRESSURE GRADIENT DOWNSTREAM OF CORNER OF BODY OF REVOLUTION"

CONVEX CORNER

Along a streamline in axially symmetric flow the following
relation holds (see eq. (1))

op )‘65 1 op
08 08 cos;;_bC’l

(abgl , 8in p. gin 8) B1)

From this equation, we may also write

cos u

op_ (a_l’__ 2
50, 3 35 (B2)
and
03 sinpusiné_ cosp/op (B3)

oC. | r Absbs

Consider now the flow in the region of & convex corner on a
body of revolution as shown in figure 11. Between points
4 and 5, we may write,

Streamline ~=~-=~

Figure 11.—Flow about a convex corner on a body of revolution.

from equation (B1)

ik oy

If points 4 and 5 are near to the surface, equation (B4) may
be approximated by

P2dp  Ds—Ds Pa—DPr_ s sy f“ 1 Eg)
f,l LA v v a2l B xcos,u<aa1 ds
(B5)

1
A cos p Z)O’l> ds (B%)

Since the flow between points 1 and 2 is strictly of the
Prandtl-Meyer type,

P2 d
f '>‘—=V1—Va—52—51

71

(B6)
We may also write from equations (B2) and (B3)
e (-2 @)] o
22 (B =22 @] ®
stz Sn] (30 (o )Jb

_ A\ , singsin 61 cos m [( > 5)
84—§1+7 a—cjl' 1(1,--51 - —\ 2/, @

(B10)

When equations (B6) through (BlO) are substituted into
equation (B5), there is obtained

Fo})
8= 52+<57
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2005#2( )\ bb) b—
2
bs,l

sm#,smagb smplsmala
r r

2o [ (30) o (3) ]
fﬁ)‘ cos;;( de

If it is assumed that a first approximation to the flow is
given by the generalized shock-expansion method, then the
right-hand member of equation (B11) may be neglected.
Equation (Bi11) may thus be written

op W\ _ M ~
(bs) < 2r COoS 3 [(b) sin K SID- 61 gin 2 sin. 62 _I__

o G DG G @2

In the limit as the streamline between points 4 and 5.ap-
proaches the surface, the ratio, a/b, may be evaluated in
terms of the one-dimensional ares ratio

8N py 91
sin p

(B11)

(B13)

With the substitution of equation (B13) into (B12), there is
obtained after combination of terms

(32, (30,7 (g sinai—sin )+
7ol G ™E)] @9

EA G I o oo pn G 2]

=11: (52; [sin (6—38,) sin §,—sin (c—3,) sin 'sd]+< > {)\u(
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where
_YpM?E
B= SOr—1) (B15)
and, of course
2w

sin 2y

(B16)

1)

[0 a5
M (’y+1

2 (B17)

Equation (B14) represents only an approximate evalua-
tion of the pressure gradient. More exact evaluations may
be found in references 10 and 24. These more exact results,
of course, require numerical or graphl;cal integration.

CONCAVE CORNER

In most cases, the tangent bodies used in the application
of the present method will have convex corners. There is
a possibility that concave corners may be encountered.
In the event that the original body does not have sharp
concave corners, equation (B14) will still suffice since the
flow along the surface is still isentropic. However, if the
original body does have sharp concave corners, then the
pressure gradient for this case will also be required. This
result can be obtained in the same way as equation (B14);
however, the shock wave emanating from the corner must
be considered after the manner described in reference 9.
The expression defining the pressure gradient in this case is

M(b&) cos (o— 54)}
R o}

GGG A G oty (B e
where ( » )
7 ) P]M.? gin (6—3,) cos (c—3.)
(a ) s (:ti) cf))s (a—::)l - Zosf —9 (B19)
I: sin (o—8,,) cos (0—61)+ ’Y-I—l M2 sin? (c—48,)
and
F_( )(1+”’ 1 M’) sin (0—3,)
[(v+1) tan (5,—3,) cos (¢—38,) —sin (¢—5,)] M3 sin? (¢—35,) +-sin (c—8,) ®B20)

1+4+[1—2 sin? (¢—35.) 42 tan (§,—8.) sin (¢—38,) cos (¢—6,)] M. 2 sin?® (c—38,)

In these equations, ¢ is the shock-wave angle with respect to
the body axis, and (3p,/On). is the variation of the total
pressure normal to the surface just upstream of the shock
wave. The subscript, u, refers to conditions upstream of
the shock wave, and the subscript, d, refers to conditions
downstream, Xquation (B18) represents the exact solution

in the usual sense. All effects of the interaction between

shock waves and Mach waves are therefore included. In

order to be consistent with other parts of this analysis,

these effects should be neglected. In addition, since equa-

tion (B18) is intended for application to & tangent body, the

body curvatures, (35/0s), and (08/0s),;, will be zero. It
7/
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may also be noted that the first step of the tangent body is
o cone tangent to the vertex of the original body. For this
approximation then, there will be & small layer near the
surface of the tangent body for which (9p,/on)=0. With
these approximations applied to equation (B18), a simplified
result can be obtained which will suffice for the present

purposes.

tan pg 7]_ 2Bs[sin(c—8y)8in 8 .
(bs) I: “tan(c—d) | r I: Sin(c—82) — sin § |+
By sinle—dy) \cos(c—3,) tan
( >~J:B sm(a—,sd) F/ sin(oc—&z) = (BZD

For a body with a concave corner, a special form must
also be used for the loading. Just downstream of the corner
and before the first cohvex corner

(1 dON _Z_)g_ \
A=(1—e™) tan BEL,'F(@, F)e"’A.,

(B22)
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and, thereafter,

dCy

A=(1—e7) tans &2 | +—'e"A1 ﬂ—§ﬂ> Gr.  (B23)

y2 )‘1 P
where

F [ML,2 sin® (0—8,)—1]*
¢ (pd/p,){[(v—l)M:sw(a—su>+zw,;sin2<a_a,,>} (B24)

The corresponding equations for open-mosed bodies of
revolution are similar. The pressure gradient at the leading
edge may be determined from equation (B21) with M,=11.,
5,=0, and (0p/ds),=0. The loading on the exterior surface
is given by

A=(1—e3) t&nada”' +M 1A, — (1” ﬁﬂ) JA, (B25)

Al pm

where A, is the loading at the leading edge, or

4 sin o, CO8 0y

A= sin (g,—

(B26)

D [ 1-

and J is defined by _
(M _2 sin? g,—1)*

T (PefDo)M P 8D o [(v—1)M . ? sin? 0,1-2] B27)

For bodies with concave corners, and for open-nosed

5,) cos (0,—5,) , [ 4

sin o, cOS o,

cos? (o’,—6,)
"\¥+1/ M_%sin?o :|

bodies, the total pressure is not constant on the surface
when the bodies are inclined. This variation in surface
total pressure leads to the term involving A, in equation
(B23) and the term involving 4, in equation (B25).

APPENDIX C
EXTENSIONS OF THE APPROXIMATE METHOD

This analysis is based on the approximate or two-step
method previously mentioned. The basic equations of this
method are equations (11), (12), (13), and (20). Before
proceeding with this analysis, it is convenient to write down
the expressions for the function B (see eq. (12)) for several
types of bodies. These expressions are presented in the
following table:

EXPRESSIONS FOR 8

Body Fornososection | For eylindrieal afterbody
z sin &—r cos 3, z '
Avy body m 2f-ﬂn&<z) —co8 &,

Cone-cylinder (Not required) 2"(13._0

Vi
X
Tongentogive- ' wrra(23-1)
cylinder 11413
Tangent-parabolold f.'-l-(l—l’:)’ f'(zzz._ 1)
cylinder —ar Vi

In general, the equations for the normal-force and pitching-
moment derivatives may be integrated in two parts—one
part for the nose section and one for the afterbody. Thus,
with the loading defined by equation (20)

+Gre~ (1 —e~%/a) (C1)

dCw dC|- G

e=02h [(1+Gofn)— (1+Gof ut Gafa)e— k]

da da IHOJ‘ G
C2)
where
2 P:a mzﬂp dCNI
G =05 5, s 50 2, Qe fuer O (O3)
and
Gg=2¢lasi_n 6, (04)

The additional subscript, @, refers to functions evaluated
for the afterbody (i. e., =0). Thus, from equation (13),

- ’Y(P:a/Pm)M:: &
20l P, /P) (M, 1) Oy,

(O5)

The terms @, and @, are functions of M., and &, alone.
These functions have been evaluated and the results are
shown in figure 12. ,
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Fraure 12.—Curves defining functions G and @: (Appendix C).

For the special case of cone-cylinders, equations (C1) and
(C2) represent a closed solution of the general method as
well. |

By the use of an additional approximation to A, results
in closed form can also be obtained for ogival nose sections.
Such an approximation is

0 [(1 Gy 9 —6&] (tan 5)?
- ___I\‘r tcr
A-—-Gg tan 6, (_da 1“+G‘ t»a;n.ﬁ"' fan 3
(C6)
where
pa sin 2p., —.p

=, 5in 2u, ° ©n
and

Q=2(1—¢¥) (C8)

400104—58——78
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‘When equation (C6) is substituted in equations (14) and (21),
equations are obtained in closed form for dCy/de and
dCylde. These equations involve constants which are com-
plicated functions of the nose angle §, (or nose fineness ratio
f:). 'These functions can be expanded in & series in terms of
8, ; the leading terms of these series are constants independent
o: 8,. In view of the approximate nature of this analysis,
the use of the leading terms will suffice, Thus there is ob-
tained

WG B La+d (1+4Ga)< ) (C9)
1dC, 4, (3+22Gp (dCy
Fodale BT 1 ) €10

To the accuracy of this analysis, these equations also repre-
gent the solutions for a tangent paraboloid. These equa-
tions have been evaluated for & range of Mach numbers
and nose fineness ratios. The results are presented in figure
13. Itis apparent that with the aid of equations (C1), (C2),
(C9), (C10), and figures 12 and 13, dCy/de and dC,/de for
ogive-cylinders can be evaluated approximately in a few
minutes.

23
L1
- - d LA
y. Vi 1,‘ //
2.1 aAmwd4 4 <
M. 7 6] g8 oA
> 1/
y, g
20 / 1 —
aty ALY Vi
Ta RVANVARY, /
19 A4 4
1/ 4
4 y.
1/ A /]
1.8 A 4
/1 4
/ //
1.7 7
L6
-2
pt 1
LA P LA
—I.1 . % -t - -
K AV aips / > "
RNPAES a4 isld lelA" 8 [1s)
. 7 4 74 P ”d
-1.0 7 P o
;_l_ﬁ (/ /1/ ,4/ =
da .
n -9 / V Pa A
/1 1
rl/
,/
—.8
-7
2 3 4 5 6 7 8 9 10

Nose fineness ratio, /,

Figure 13.—Curves defining normal-force and pitching-moment
derivatives for tangent ogives as predicted by approximate closed
golution of Appendix C.
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TABLE I.—NORMAL-FORCE DERIVATIVES AT ZERO ANGLE OF ATTACK
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TABLE II.—CENTERS OF PRESSURE AT ZERO ANGLE OF ATTACK
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